Axiomatic set theory
Exam
19.6.2024

1. Show that Union axiom is true in L.

9. Show that for all @, 8 < w; the following holds: For all stationary sets S Cuw
there is A C S such that every element of A is greater than £, A is closed i.e. for
all v < UA, if U/AN%) =1, then v € A and ot(A) = o+ 1 i.e. there is an order
preserving bijection A — a + 1.

3. Suppose that P = (P, <) is w;-closed and G is P-generic over V. Show that if
X € V[G] is such that X Cw, then X € V.

4. Suppose that CH holds in V. Show that there is P = (P, <) such that for all
P-generic G over V the following holds:

(i) If  is a cardinal in V', then it is a cardinal also in V|[G].
(ii) There is f : w1 — wy in V[G] such that for all g:w; — wy, if g € V then there
is @ <wj such that for all a < 8 < wy, g(B8) < f(B).
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